The most important results of this paper are two not very closely related theorems concerning the extension of functions. For the first theorem, let A be a subspace of a topological space B and let Xand Y be subsets of C(Λ) and C(B), respectively. The theorem then asserts that, if every member of X extends to a member of Y, then every member of the C*-subalgebra of C(Λ) generated by X extends without increase in norm to a member of the C*-subalgebra of C(B) generated by Y. As an application of this theorem, new proofs of some results of J. F. Berglund on the extension of almost periodic functions are given.
Introduction. A consequence of Pontryagin's duality theorem is as follows:
(A) every continuous character on a closed subgroup H of a locally compact abelian group G admits an extension to a continuous character of G [5; (24.12 ) Corollary, p. 380].
It is not at all clear why (A) should imply (B) every function in AP(H), the space of almost periodic functions on H (which in this case is just the C*-subalgebra of C(H) generated by the continuous characters on H), admits an extension to a function in AP (G) .
That (B) does hold is a theorem of Berglund [1; Corollary 11]; the result (A) plays an essential role in his proof. That (B> holds may also be deduced from (A) and the following general theorem which is the main result of §2. THEOREM 
Let A be a subspace of a topological space B and let X and Y be subsets of C(A) and C(B) respectively. Then every member of the C*-subalgebra of C(A) generated by X extends without increase in norm to a member of the C*-subalgebra of C(B) generated byYif
(*) every member of X extends to a member of Y (even, if there is a sequence {/ n }CX, / n^O Vn, such that inf{||F||/||/ π HI FG Y, F is an extension of f n }-+™ as π-^oo).
The proof of the theorem uses some results from the theory of uniform spaces. These results can be found in Kelley's book [6] and elsewhere. Our notation and terminology for uniform spaces is also taken from [6] .
In §3, we concern ourselves with the statement (* *) every weakly almost periodic function on a subgroup H of a locally compact group G extends to a function weakly almost periodic on G.
After noting that (**) is not true in general, we mention three cases where (**) is known to be true and prove (**) is true if G is locally compact and H is compact or open (Proposition 1 and Theorem 2). The group of finite permutations of the natural numbers turns out to be an interesting example in this regard.
2. An extension theorem. Suppose A is a topological space and X is a subset of C(A), the C*-algebra of continuous bounded functions on A. Subsets of continuous function spaces dealt with in this paper are always assumed to contain a nonzero constant function. Given XCC(Λ), we let C*(X) be the C*-subalgebra of C(A) generated by X and denote by °U{A,X), resp. °U{A, C*(X)), the totally bounded uniformity on A which has a base sets of the form
where e >0 and K is a finite subset of X, resp. C*(X). (We write U(e,f) instead of [7(e,{/}) for simplicity.) The lemma which follows now will be useful in proving Theorem 1. Proof of Theorem 1. For X CC(A), there is a canonical map e x from A into C*(X)*, the dual space of C*(X); e x is defined by If C*(X)* is given the w*-topology <τ(C*(X)*, C*(X)), then £ x is continuous and, if e x is the adjoint of e x , then e x = (^x)" 1 is an isometric isomorphism of C*(X) into C(e x {A)).
All that has been said above for A and X CC(A) applies equally well to B and Y CC(J5), and we observe that the map ψ: e γ (s)->e x 
(s) effects a uniform isomorphism of e γ (A) -{e γ (s)\s G A}Ce γ (B)
with the relativization to e γ (A) of the uniformity °U(e γ (B),e γ (Y)) ontô x(Λ) with the uniformity °U(e x (A),e x (X)); this follows directly from (*) in the statement of Theorem 1.
So, suppose we are given /G C*(X). Putting / = e x {f), we have from Lemma 1 that / is uniformly continuous with respect to <U(e x (A) 9 e x {X)). Hence /=f(/)GC(e y (A)) is uniformly continuous with respect to the restriction to e γ 
(A) of °U(e Y (B),e Y (Y)). If we denote by e γ (B) the completion with respect to °ll(e Y (B),e Y (Y)), then e γ (B) is compact and the completion e γ (A) of e γ (A) with respect to (the restriction to e γ (A) of) °U(e γ (B), e γ (Y)) is a compact subset of e γ (B).
It then follows from elementary uniform space theory that / extends to a function f CC(e γ (A)) and from the Tietze extension theorem that / has an extension / to all of e γ (B) satisfying II/IK = 11/11 = 11/11 = II/ID Finally, if we apply e% to the restriction of / to e γ (B), we get the desired function F.
A fact that thas not been explicitly used, but is very near the surface in the proof of Theorem 1, is that, for example, the completion of e x (A) with respect to °U(e x (A), e x (C*(X)) is just the w*-closure in C*(X)* of e x (A), which is the spectrum of C*(X).
Some results of Berglund [1] can be derived as corollaries of Theorem 1. (The first corollary below is a slight improvement of the corresponding result of Berglund.) We need first some notation. S will denote a semitopological semigroup, i.e., a Hausdorff topological space with a separately continuous associative multiplication, and U(S) is defined to be the C*-subalgebra of C(S) generated by the coefficients of finite dimensional unitary representations of 5. U(S) is called the strongly almost periodic subspace of C(S) and equals the almost periodic subspace AP(S) of C(S) if S is algebraically a group. COROLLARY 
(Berglund [1; Theorem 9]). Suppose that T is a subsemigroup of a semitopological semigroup S and that every coefficient of a continuous finite dimensional unitary representation of T extends to a coefficient of a continuous finite dimensional unitary representation of S. Then every member of U(T) extends without increase in norm to a member of U(S).

COROLLARY 2 (Berglund [1; Corollary 11]). Let H be a subgroup of a locally compact abelian topological group G. Then every function almost periodic on H extends to a function almost periodic on G.
Proof The first step of the proof here is the same as in [1] . By Lemma 7 of [1], every continuous character on H extends to a continuous character on H, which in turn extends to a character on G [5; (24.12) Corollary, p. 380]. Theorem 1 then establishes the corollary once we recall that, for an abelian topological group, the space of almost periodic functions is equal to the C*-subalgebra of the continuous functions generated by the continuous characters.
Weakly almost periodic functions.
In Corollary 2 the hypothesis that G is abelian is crucial. We gave an example in 
ON THE EXTENSION OF CONTINUOUS FUNCTIONS
are settings in which every weakly almost periodic function on a subgroup extends to a function weakly almost periodic on the containing group. A setting where this is obviously the case is now presented. The proof, whose details are omitted, depends on the fact that functions vanishing at infinity on locally compact groups are weakly almost periodic [4; Corollary 3.7 (iii), p. 41]. PROPOSITION 
Let H be a compact subgroup of a locally compact group G. Then every function in WAP(H) extends to a function in WΛP(G).
In the setting of Proposition 1 C(H) = WAP(H) = AP(H), and one might wonder if the assertion of the proposition is true with WAP(H)
and WAP(G) replaced by AP(H) and AP(G), respectively. The following example illustrates that this is not always the case 1 . EXAMPLE 1. Let G be the group of finite permutations of the natural numbers; each member of G permutes only a finite number of natural numbers. It has been communicated to us by W. A. Veech (and follows from results in [3; Ch. IV]) that the only functions in AP(G) are linear combinations of the constant function 1 and the function that is 1 at even permutations and -1 at odd permutations. It follows easily from this fact that, if H is any finite subgroup of G containing more than 3 elements, then not all functions in AP(H) extend to functions in AP{G) ; It is known that weakly almost periodic functions on a subgroup H of a topological group G extend to functions in WAP (G) By using (i), one can see that the requirement that H be closed is unnecessary in (ii). A similar comment can also be made about (iii) and about Theorem 2 here, which is a generalization of (iii). 
Then ψ is an isometric injection of WAP(H) into WAP(G).
Proof. The proof is much the same as, but, if anything, a little simpler than, that of (iii) in [4] . The problem is to show that, if / E WAP(H), then F = φf E WAP(G), i.e., to show that any sequence {F Sn } of left translates of F has a weakly convergent subsequence. (Here the left translate F s of F E C(G) by s E G is defined by F s (t) = F(s£) V t E G.) We begin by fixing coset decompositions of G,
Without loss we may assume either (a) 3t βo = t 0 such that {s n }CHt 0 , or (b) The statements n^ m, s n E Ht βn , s m E ίft^ imply that t βn ^ t βm .
In case (a), s n = r n t 0 for some r n E H and we may assume that {f rn } converges weakly in C{H) to d€ΞC(H). It follows that {F rn } converges weakly in C(G) to D = ψd E C(G) and hence that {FJ = {(F Γ JJ converges weakly in C(G) to D, o . (Here we are using the fact that left translation is a weak homeomorphism of C(G).)
In case (b), s n = rj βn for some r n E H and some ί^, f βn ^ t βm if 5 n^5m , and F Sn (t) = 0 if s n t£H, i.e., if tf£s~Ή = Γ^H. Thus the functions {F Sn } have disjoint supports. Suppose μ E C(G)*. We will show μ (F Sn ) -> 0. Suppose, to the contrary, that x ^ 0 is a cluster point of the sequence {μ(F Sn )} and suppose {μ(F 5m )} is a subsequence such that |μ(F SBI )-jc|^|jc|/2Vi. Then 
